Is every almost convex function equal almost everywhere in I (in the sense of linear Lebesgue measure) to a convex function? Is every almost ¿-convex function uniformly close to a convex function almost everywhere? Professor P. M. Gruber raised the former question during a conversation. In what follows we shall answer the latter question in the affirmative and obtain the answer to the former as a corollary to our theorem.
Kuczma [6] proved that an almost mid-convex function, i.e., a function /: / -> R satisfying ,3) f(^<M±IM for all pairs (x, y) in I x I \ N, where N C I x I is of planar Lebesgue measure zero, differs from a mid-convex function on a set of linear Lebesgue measure zero. The question concerning the stability of convex functions has first been raised by Hyers and Ulam [4] and they proved the stability of convex functions. Cholewa [2] , in a recent paper, gave a short proof of the fact that a ¿-convex function /: I -» R is uniformly close to a convex function. He also gave an example that mid-convex functions are not stable in the sense of Hyers and Ulam.
N. G. de Bruijn [1] and Jurkat [5] , while answering Erdös' problem [3] , proved that an almost additive function equals an additive function almost everywhere.
We state and prove a theorem on almost ¿-convex functions. Using (5) and (6), we get
On letting e -> 0, v -> y and (7) PROOF. The existence of h follows on taking 6 = 0 in the Theorem above. The facts that a convex function defined on an open interval is continuous and a continuous function which equals zero almost everywhere on an interval is identically zero imply the uniqueness.
